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OSCILLATION OF SOLUTIONS TO A SYSTEM OF NONLINEAR INTEGRO-DIFFERENTIAL EQUATIONS
The results relating to the oscillation of solutions of ordinary differential equations or these equations with deviating argument and also solutions of the system of mention above equations are widely known.
Recently the investigation of this type has comprised solutions of integro-differential equations, integral equations and-systems of these equations.
Parhi and Misra [4] gave sufficient conditions for bounded and unbounded solutions of integral equation to be oscillatory or nonoscillatory. The author [ij obtained necessary and sufficient conditions for bounded solutions of the integral equation to be oscillatory. Levin [3] , gave sufficient conditions for unbounded solutions of a class of integro-differential equations to be oscillatory. In [2] , the author investigates the existence of zeros of solutions of nonlinear integro-differential equations system.
In this paper we consider the integro-differential equations system with deviating arguments
The results of this paper were presented during the 3rd Symposium on Integral Equations and Their Applications held at the Technical University of Warsaw, Deoember 3-6, 1984. where a,b: R + * R + -•«-R\|oj-are continuous functions, <p(| v|) and (f>(|u|) are continuous, nondecreasing and nonnegative functions^ We restrict our considerations to those real solutions of the system (1) which exist on the half line [O,oo) and are nontrivial in any neighbourhood of infinity and we will shown that such solutions are oscillatory. Theorem 1. Let the conditions (2) and t t (3) lim [ I a(Tf,8)ds d* = so t t 0 0 hold. Then an arbitrary regular solution (x(t),y(t)) of the system (1) has the following property! if the first component of the solutions is a nonosoillatory function, then the second oomponent is nonosoillatory too and conversely. Moreover, these components satisfy the following inequality (1) is oscillatory.
so I y(t)| is an increasing function on [t1tco). Moreover |x(t)|' = x'(t) sgn x(t) = -x'(t) sgn y(t) = t « -J p(t,s,x(s) ,y(s),x(t+s),y(t+s) ) sgn y(t+s) ds<
Proof.
Suppose that the solution (x(t),y(t)) is nonosoillatory. Then by Theorem 1 there exists a point t^ such that x(t)y(t) > 0 for t^t.,. Furthermore 
Integrating from t1 to t both sides of this inequality we obtain t t I y(t)| <|y(VI -cp (I x(t1)| ) J J b{r,s) ds dt. Moreover let t^Jst Q be the point such that y(t 1 > * 0. From the inequalities x'(t) sgn y(t) >0 y'(t) sgn x(tK0 the same as obtained in the proof of Theorem 1 it follows that for te(t Qt t 1 ) we have x(t)>0 and y(t)>0 or x(t)<0 and y(t)<0. Hence for te(t Q ,t 1 ) the inequalities Proof. Suppose a solution of (1) is not oscillatory. Then by Theorem 1 for t ^ t1 x(t)y(t)>0 and the ineq ualities Suppose that a solution of (1) is not oscillatory. Then toy Theorem 1 we know that x(t)y(t) >0 for t >t 1 > >t o >0 and Integrating the second Inequality of (12) from t to oo and taking into account that |y(t)| is a decreasing funotion on But from the first inequality of (12) we have 
